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Abstract. A review is given of relevant work on the internal boundary layer (IBL) associated with:
(i) Small-scale flow in neutral conditions across an abrupt change in surface roughness.
(ii) Small-scale flow in non-neutral conditions across an abrupt change in surface roughness, temper-
ature or heat/moisture flux.
(iii) Mesoscale flow, with emphasis on flow across the coastline for both convective and stably
stratified conditions.
The major theme in all cases is on the downstream, modified profile form (wind and temperature),
and on the growth relations for IBL depth.

1. Introduction

Internal boundary layers (IBLs) in the atmosphere are associated with the horizon-
tal advection of air across a discontinuity in some property of the surface. Studies
usually specify the surface forcing in terms of a step change in surface roughness,
temperature or humidity, or in the surface flux of heat or moisture. Several
classes of IBL problems can be readily identified in the literature, concerning
both laboratory and atmospheric flows, and related both to the thermal stability
characteristics and horizontal scale of the flow.

Earlier work (from the late fifties to the mid-seventies) was concerned mainly
with the problem of neutral flow across a step change in surface roughness. Almost
without exception, this involved flows confined to the inner layer, i.e., to the wall
region in laboratory flows and to the surface layer in the atmospheric case. Main
interest involved the subsequent development downstream of the modified wind
profile, the response of the turbulent field, and the growth of the IBL itself. Later
in this period, attention turned to the effects of thermal stratification upon the
flow across a roughness change, and to the growth and structure of the IBL related
to step changes in surface heat flux and temperature. Throughout this period the
main emphasis was on the small-scale aspects of the flow, i.e., on relatively small
downwind fetches and where, in the atmosphere for example, the IBL was confined
to the atmospheric surface layer of the advected planetary boundary layer. Such
a constraint allowed for several simplifying assumptions in analytical and numerical
treatments, and confined the downstream fetch to maximum values of about 1 km.

In more recent times (the mid-seventies to the present), the emphasis moved
from the micrometeorological (and local advection) problem associated with rela-
tively small fetches to mesoscale advection, and in particular to the effects of
buoyancy and the development of the thermal IBL towards an equilibrium bound-
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ary layer far downstream of the leading edge (relatively large fetches). The main
topic has been on the growth of the convective thermal -internal boundary layer
(TIBL) at a coast, mainly because of practical concern on the influence of the
IBL on coastal pollution from industrial sites located in the coastal region. Less
attention has been given to the parallel problem of a stably stratified IBL, whose
full development may require fetches of several hundreds of kilometers.

In the case of small-scale flow and the neutral IBL responding to a change in
surface roughness (specified in terms of the aerodynamic roughness length, zo),
analytical solutions were provided in studies by Elliott (1958), Taylor (1962),
Panofsky and Townsend (1964), Townsend (1965), Plate and Hidy (1967), Taylor
(1969a) and Mulhearn (1977); - see also Panchev et al. (1971) for a summary of
Soviet studies. Numerical studies included those of Peterson (1969), Shir (1972),
Rao et al. (1974a) and Beljaars ez al. (1987). Observational studies are relatively
few, but include — (i) wind tunnel experiments described by Taylor (1962), Antonia
and Luxton (1971, 1972). Schofield (1975), Antonia and Wood (1975) and
Mulhearn (1976; 1978); and (ii) atmospheric studies made by Bradley (1968),
Panofsky and Petersen (1972), Petersen and Taylor (1973) and Munro and Oke
(1975).

For the non-neutral, IBL response to a zo change, and to step changes in surface
temperature and heat flux in particular, analytical solutions have been presented
by, e.g., Sutton (1934, 1953), Philip (1959), Townsend (1965); numerical solutions
by, e.g., Taylor (1970, 1971), Rao et al. (1974b), Rao (1975) and wind-tunnel
observations by Antonia et al. (1977). Extensions of the small-scale approach to
the mesoscale, and hence to the deeper IBL, have been discussed by Taylor
(1969b) and Larsen et al. (1982).

In the case of mesoscale flow, and specifically the thermal IBL at the coast,
models for the convective IBL and growth relations have been discussed by
Venkatram (1977, 1986), Stunder and Sethuraman (1985), Bergstrom (1986), Hsu
(1986), supported by observational studies of, e.g., Echols and Wagner (1972),
Raynor et al. (1979), Gamo et al. (1982), Bergstrom et al. (1988) and Durand et
al. (1989). For the stably-stratified thermal IBL, Mulhearn (1981), Hsu (1983,
1989) and Doran and Gryning (1987) compared observations of the IBL depth
with simple formulations. Garratt (1987) compared the predictions of a numerical
model with those of a physially based model for IBL depth, and detailed aircraft
observations were described by Garratt and Ryan (1989).

In general, little attention has been given to the problem of the low-level thermal
wind and its impact on IBL development, i.e., the effects associated with the
horizontal temperature structure, and the implied modifications to the horizontal
pressure field. Such a problem will be relevant only at the mesoscale and larger
horizontal scales, and be associated with sea-breezes in the coastal example, and
non-classical mesoscale circulations (or ‘inland sea breezes’) far from the coast in
the presence of the relevant surface step changes. Mesoscale numerical models
with appropriate boundary-layer parameterization schemes could shed light on
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this, and a few studies to date have indicated co-existence of both sea-breeze
circulations and the IBL (e.g., Garratt, 1987; Physick et al., 1989).

In the present paper, we review knowledge of the atmospheric IBL, with empha-
sis on the modification of vertical profiles of mean flow properties, and IBL growth
relations, under a range of conditions.

2. Problems Relevant to IBL Growth

Solutions to the equations of motion representing boundary-layer growth over a
suddenly accelerated plate (motion in the plane of the plate) and in parallel flow
over a stationary flat plate, and to the diffusion equation for one- and two-
dimensional flow, are relevant to the problem of IBL growth.

2a. BOUNDARY-LAYER GROWTH OVER A SUDDENLY ACCELERATED FLAT PLATE

Schlichting (1979) showed how the Navier-Stokes equations of motion could be
simplified for the special case of a suddenly accelerated plate (motion in the plane
of the plate) and unsteady, parallel laminar flow. If the plate attains instan-
taneously a steady velocity u.., then the resultant equation for the velocity response
of the air above the plate can be written

ulot = v 0%uldz?, ¢))

where u is horizontal velocity, ¢ is time, z is height above the surface and v is the
viscosity. This differential equation is identical with the equation of heat conduc-
tion which describes the propagation of heat in the space z >0 when, at time ¢ =
0, the wall z =0 is suddenly heated to a temperature which exceeds that of the
surroundings (see below). The solution to Equation (1), with u=u. at z=0, u=
Oat z=o, is

u=u.(1 - erf(zl2(v)*?)), (2)

which has direct analogy to the case of flow over a flat plate on the one hand,
and to the problem of heat diffusion to or from a horizontal plane on the other.
Defining the top of a boundary layer (k) where u = 0.01u., (recalling that u. is
the motion of the plate), Equation (2) implies

h = (vi)¥2, (3a)

2b. BOUNDARY-LAYER GROWTH OVER A FLAT PLATE

For the laminar boundary layer over a thin flat plate, the solution to the Navier-
Stokes equations is not so straightforward. Schlichting showed how solutions can
be obtained using a nondimensional height scale suggested by the solution to
Equation (1), viz., z(u./vx)}? with x = u.t, where u.. is the free-stream velocity.
Several depth scales can be used to characterize the growth of the boundary layer;
for example, based on the analogy to the solution given by Equation (2). Schlicht-
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ing defined the boundary-layer thickness (k) as that height for which u = 0.99u...
This gave

h < (vxlu.)?, (3b)

so that the laminar boundary layer grows as x'? for x not too small.
In contrast, consideration of solutions to the momentum equation for a turbulent
boundary layer above a smooth flat plate showed (e.g., Schlichting, 1979, p. 638)

h o« (vluw)®2x08 . )

2¢. SOLUTIONS OF THE DIFFUSION EQUATION

Sutton (1934 and 1953) showed how solutions of the heat diffusion equation for
both one- and two-dimensional problems were relevant to the growth of an inver-
sion in offshore flow. In the first instance, he investigated heat diffusion to the
atmosphere over a homogeneous surface of fixed temperature (6,); this is directly
analogous to Equation (1), and represented by

3613t = K 820/022 , (5)

where K is a constant eddy diffusivity. For an atmosphere with an initial uniform
temperature (6;) in the vertical, the distribution of temperature (6) as a function
of time is given by (see analogous solution to Equation (2)),

0— 6= (6, — ) erf(z/2(K)"2) . (6)

Sutton applied this to the case of offshore flow with a steady wind u constant with
height, with continental air initially at temperature 6;, and a sea-surface tempera-
ture of 6,. The equation becomes

ud0/ox = K 820/ox , 7
with solution
0— 6o = (6; — 6o) erf(z(u/4Kx)"2) . ®

In practice, Sutton took the influence of turbulent mixing on the 6 profile to
extend to a finite height defined arbitrarily as the height where the error function
equals 0.1 (cf. Schlichting’s criterion for the velocity profile given above); this
gave the depth of the inversion (or thermal internal boundary layer) % as

h=0.18(Kx/u)2 . )

The square-root dependence of 4 on x is important to note. A similar dependence
was found in the case of laminar boundary-layer growth over a flat plate (see e.g.
3b); it occurs also in the diffusion of a pollutant cloud, with A replaced by cloud
width (the concentration diffusion equation is analogous to Equation (7) with
solutions obtained for a range of source specifications).

In Philip’s (1959) paper on the theory of local advection, solutions of the two-
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Fig. 1. The rate of adjustment of vertical fluxes (F/Fg) as a function of fetch and height (shown in
metres against each curve) — from Dyer (1963). Here, F, is the downstream surface flux at large fetch.

dimensional atmospheric diffusion equation (cf. Equation (7)) were discussed for
a range of surface boundary conditions. In this case, he started with

udClox = —aFlaz (10a)
with C representing a concentration, and the vertical flux written as,
F=-KaCloz. (10b)

Solutions were obtained by setting u = u;(z/z,)™ and K= K;(z/z,)" (subscript 1
refers to reference values) with the appropriate boundary conditions. Flow modi-
fications for step changes in C, (surface concentration), Fo (surface flux) and a
linear combination of these (termed a radiation boundary condition) were derived
and discussed.

The practical application of this theory to the micrometeorological problem of
adjustment of profiles and eddy fluxes to surface changes, and the fetch-height
ratio, was discussed by Dyer (1963). He considered the problem of completely
dry air moving from a non-evaporating regime over an area where the evaporation
is everywhere constant — thus the surface change is one where the surface flux
increases from zero to a value of F, representative of large values of fetch. The
results (based on Philip’s solutions) were presented in terms of the ratio F/F, and
its dependence on fetch and height downwind of the leading edge (or surface
discontinuity). Figure 1 shows these, and indicates the values of fetch and height
for the 90% level of adjustment sometimes used in micrometeorological consider-
ations (this corresponds to an inner equilibrium layer, found within the IBL itself).
Extensions of the above results were presented by Dyer and Garratt (1978) for

the case of a meteorological tower situated within the IBL for onshore flow near
the coast.

3. Definition of the IBL

Figure 2 shows in schematic form the concept of an internal boundary layer, and
the inner equilibrium layer, for a step change in roughness, surface temperature,
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Fig. 2. (a) Schematic representation of the IBL h(x) and inner equilibrium layer #,(x) downstream

of a step change in roughness (zo), temperature (6) and heat or moisture flux (Fp). Streamline

displacement, 3§, is also shown. (b) Vertical profiles at a distance x downstream of the discontinuity —

(i) wind profile for neutral flow across a z¢ change; (ii) 6 profile for an unstable IBL and 6, change;
(iii) 6 profile for a stable IBL and 6, change.

or surface flux based in part on observations at both the microscale and mesoscale.
Typical profiles of wind speed and potential temperature are also shown to iltus-
trate the presence of an IBL. This is not always readily identified or defined,
particularly in the case of neutral flow. In boundary-layer flow over a plate, the
depth was defined by Schlichting where u = 0.99u..; he also defined a displacement
thickness and a momentum thickness, the latter being a height scale related to the
total loss of momentum due to the boundary layer compared to potential flow.
Both these scales were simple fractions of the boundary-layer depth.

In the case of a response to zo changes, the IBL has been defined in a variety
of ways — e.g., by ouw/dz discontinuities or wind-profile ‘kinks’ (Elliott, 1958;
Panofsky and Townsend, 1964; Bradley, 1968; Antonia and Luxton, 1971, 1972).
In fact, Shir (1972) defined a velocity IBL (h;) whose top occurred at u = 0.99u..
and a stress IBL (h;) where 7 (at k) =0.997 (1 being the upstream surface
stress); typically, h; <h; since velocity profiles are found to adjust more slowly
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than stress. Rao et al. (1974a) defined an IBL (depth A) where u = 0.99u.. and an
equilibrium layer (depth A;,) at the top of which a 90% level of adjustment of the
local stress to the underlying (downstream) surface had occurred (see earlier
discussion of Dyer, 1963); typically, A, < h.

In contrast to the above, the definition of the TIBL is generally less ambiguous.
In the convective case in the coastal region, its top is readily identified where
06/0z has a discontinuity (Raynor et al., 1975) or at the top of a well-mixed layer
(Venkatram, 1977). However, Gamo et al. (1982) and Durand et al. (1989), based
on airborne measurements, found a minimum in turbulent kinetic energy above
the gradient ‘discontinuity’ or 6 inversion, although in the numerical studies of
both Arritt (1987) and Durand ez al. (1989), the minimum was found to more or
less coincide with the IBL top inferred from the @ profile.

In the stable case, temperature and humidity profiles show similar gradient
discontinuities near the IBL top; generally these occur at the base of a layer with
small gradients only (Garratt, 1987; Garratt and Ryan, 1989). In analogy with the
study of Arritt, Garratt (1987) found in his numerical simulations that the IBL
top coincided with a minimum in the eddy diffusivity.

To summarise, for neutral small-scale flow over a zo change, the IBL is the
layer within which significant changes from upstream conditions occur, in u(z) and
7(z) - discontinuities in du/dz in particular allow its top to be identified. Within
the IBL there exists an equilibrium layer often defined in terms of a 90% level of
adjustment in the stress (or other vertical flux in the non-neutral case). Far
downstream of the leading edge, in neutral conditions, the inner equilibrium layer
is characterized by a logarithmic profile form, traditionally referred to as the
‘constant-flux layer’ though in reality the momentum flux or friction velocity will
decrease with height (the existence of a logarithmic wind profile does not depend
on the assumption of constant flux). For non-neutral flow situations the above
criteria could be applied to defining /, with additional information available from
temperature and heat-flux profiles. In the case of the TIBL at larger scales, the
IBL top is readily identified with an elevated inversion in the convective case, and
with the top of a surface-based inversion in the stable case.

4. Small-scale Flow — Response to Roughness Changes

4a. NEUTRAL FLOW - OBSERVATIONS

Observations of the development of an IBL downstream of a roughness change
reveal the following features:

(i) Above the IBL (defined as described in the previous section), the flow field
is characteristic of the upstream conditions, except for a displacement & of
the outer flow field (the streamlines) required by continuity.

(ii) Very near the ground, an inner or ‘equilibrium’ layer exists where the wind
profile has completely adjusted to the local boundary conditions.
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(iii) Above this equilibrium layer, and within the IBL as a whole, there exists
a blending layer (Plate, 1971) in which the velocity distribution gradually
changes from the logarithmic form of the downstream roughness to that of
the upstream one.

(iv) At large distances from either side of the discontinuity, the shear stress at
the surface is adjusted to that of flow above a uniform surface.

Observations from wind-tunnel, pipe and duct experiments (e.g., Jacobs, 1939;
see also Schlichting, 1979, p. 658; Logan and Jones, 1963; references in Plate,
1971; Antonia and Luxton, 1971 and 1972, Schofield, 1975; Antonia and Wood,
1975; Mulhearn, 1976, 1978) have concentrated on the development of the IBL
and its internal mean and turbulent structure. Studies have involved both zero
and adverse pressure gradient conditions. Atmospheric observations, mainly em-
phasising the modification to the low-level wind profiles, have been reported by
Stearns (1964) and Stearns and Lettau (1963) based on the bushel-basket exper-
iments over the ice of Lake Mendota in the USA, by Panofsky and Petersen
(1972) and Petersen and Taylor (1973) based on the Risg tower observations, by
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Fig. 3. (a) Variation of surface stress with fetch for a smooth-to-rough transition - data from Bradley

(1968); dashed curve from Panofsky and Townsend (1964) and continuous curve from Rao et al.

(1974a). (b) As in Figure 3a for a rough-to-smooth transition; curves A and B, from Rao et al. (1974a),
have zo; equal to 2X 1075 m and 2 X 1079 m, respectively.
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Munro and Oke (1975) for flow downwind of the leading edge of a wheat crop,
and by Bradley (1968). Bradley’s data, which include simultaneous measurements
of velocity profiles and surface stresses at several positions relative to a disconti-
nuity separating grass and tarmac, and tarmac and artificial roughness, are ideal
for comparison with theoretical and numerical results.

The results for surface stress, both for flow from smooth to rough, and for flow
from rough to smooth surfaces, are shown in Figure 3, together with curves to be
discussed later in the section. Both sets of data show a trend towards equilibrium
stress values (as do the curves), but two features are of particular interest — in the
smooth-to-rough case, the stress initially increases to about twice the final (large
fetch) value. In the rough-to-smooth case, the initial stress decreases to about one
half of the final value; theoretical and numerical results generally capture this.

Results for velocity profiles are shown in Figure 4, together with numerical
results of Rao et al. (1974a) to be discussed later. Several features are of interest:

(i) There is a systematic shift of the profiles, left or right, as fetch increases,
and a systematic increase in the upper point of the modified profile as fetch
increases — the latter representing the increase in the IBL depth with fetch.

(ii) The mean velocity profile is virtually unchanged above this upper point.
Plate (1971) interpreted this as evidence for only a minor deflection of the
streamlines, implying that & is small (this does depend however on the
relative change in the magnitude of the roughness).

(iii) There is only a small portion of the profile, at any value of x, in which the
velocity distribution deviates from the low-level logarithmic form character-
istic of downstream conditions, or the upper logarithmic form above the
IBL top.

The purpose of analytical and numerical treatments of the problem is to repro-
duce the above observations, and to quantify the growth equation for the IBL.
4b. NEUTRAL FLOW — ANALYTICAL THEORY

For small-scale problems, and neglecting details too close to the discontinuity
(e.g., Peterson, 1972), pressure is taken to be constant everywhere (Rao ef al.,
1974a actually incorporated pressure vartiations in their numerical study). The
governing equations, with w the vertical velocity, simplify to (see Plate, 1971,
e.g.)

uouldx +wauloz=p 'aroz, (11)

and the continuity equation,

dulax + awloz =0 . (12)

To solve for u(x, z) requires an equation for = and suitable boundary conditions;
in general, numerical methods or approximate techniques are used. The latter
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Fig. 4. (a) Adjustment of wind profile downwind of a smooth-to-rough transition (zo; =2 X 10~5m;
202 =0.0025 m) — data from Bradley (1968); closed triangles have x = 2.32 m, closed circles have x =
16.42 m. Dashed curves from Panofsky and Townsend (1964) and continuous curves from Rao et al.
(1974a). Curves A and B are the upstream profiles assumed by Panofsky and Townsend, and Bradley,
and by Rao et al., respectively. In the abscissa, u, is a reference velocity measured at z =2.2m. (b)
As in Figure 4a for a rough-to-smooth transition (z, values reversed); open circles have x = 2.1 m and
closed circles have x=12.2m. Curves C and D (continuous) have zp; =2 % 107°m and 2x 107 °m,
respectively. In the abscissa, u, is a reference velocity measured at 1.125m. (c) Comparison of
normalised wind profiles between the theoretical predictions of Mulhearn (1977) and wind-profile data
of Bradley (1968) for a smooth-to-rough transition - see Equation (17a). The plotted data have a range
of fetches indicated by different symbols. Here g(n) = ku'/uo, with n = z/l; evaluation of I, u, and u'
is described in the text. From Mulhearn (1977).

uses analytical theory where the crucial requirement is to represent the relation
between stress and the velocity profile so as to solve for 7o(x), u(x, z) and h(x).
The concept of the self-preservation of velocity and stress changes (also tempera-
ture and concentration when considering different boundary conditions) is impor-
tant here, used both in the Karman-Polhausen method of integral constraint on
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the momentum balance of the whole IBL (Schlichting, 1979), and in direct appli-
cation of the equations of motion.

The integral method is based on the integration of Equation (11) from the
surface to h, substituting for w from Equation (12), to give

h h

i{fu2dz}—uhi{Judz}=~r,,—u£2, (13)
0x ax

0 0

where subscripts 1 and 2 refer to upstream and downstream surfaces, respectively.
This approach was used by, e.g., Elliott (1958), Panofsky and Townsend (1964)
and Plate and Hidy (1967). In the above, u, is given by u; at z=h— 8, with 7,
equated to the appropriate upstream stress. The velocity distribution u,(z) is
required, and is generally assumed to be given by

(2 ugo = k™' In(z/z00) + f(2/h) , (14
where f(z/h) = 0 for z/h < 1. Various approaches can be summarised as follows,

(i) Elliott (1958) set f(z/h) =0 and =0, basically implying constant stress
throughout the IBL (a logarithmic profile throughout) and a stress disconti-
nuity at z = h, the stress changing from u2, to u2, across 4. The main result
was to quantify a relation for the IBL growth (see later discussion).

(ii) Plate and Hidy (1967) modified the above by taking a non-zero & value.

Both (i) and (ii) probably give satisfactory results if the blending region is thin,
i.e., for small x only. At large x, this will not be the case; over a significant part
of the IBL, above an inner or equilibrium layer, the function f(z/h) will be
significant.

(iii) Panofsky and Townsend (1964) took a form of f(z/h) given by
f(zlh) = (g — us2)zluh (15)

which is consistent algebaically with the self-preserving relation u,=
kz dul/dz, and a linear variation of u, across the IBL.

(iv) Townsend (1965, 1966) and Mulhearn (1977) used Equations (11) and (12)
directly, not in integrated form, and introduced self-preservation concepts
or similarity arguments to improve the specification of the blending func-
tion, i.e., with dependence upon a length scale / only. Mulhearn actually
derived analytical forms for the nondimensional changes in velocity (and
temperature and concentration), whilst these were assumed by Townsend.
Self-preservation in velocity and stress changes was assumed; consequently,
the downstream velocity can be expressed as

uxz) = un(2) + Au(d) +u’, (16)

where Au is related to streamline displacement (8) and u’ to flow acceler-
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ation within the IBL. Both of the above authors expressed Au as u,6/kz
and introduced the similarity hypotheses, for u,

u' = (uok)g(n) , (17a)

and for 7,
r=u+ Wk - uin)G(n), (17b)

where n=2z/l, | and u, being length and velocity scales depending on x
only. The stress-gradient relation u,, = kz ou/9z allows g and G to be related
and to be expressed as functions of 5, and the scales / and u, are found
from the facts that g and G are functions of 7 only, and that the velocity
profile assumes the logarithmic form close to the surface (see also Blom
and Wartena, 1969).

Comparison of the theoretical results of Panofsky and Townsend (1964) with
Bradley’s observations of stress variation is shown in Figure 3; this reveals, in the
case of smooth-to-rough flow, that at small x/zo, the data exhibit a more rapid
variation of surface stress than any theory. In the case of rough-to-smooth flow,
the stress variation is well described although absolute values disagree; this is due,
in part at least, to the sensitivity to the chosen z, value (Bradley, 1968; Nemoto,
1972). The comparison of velocity profiles can be seen in Figure 4a, b; their form
and relative displacement have considerable similarity, although the observed
velocity gradient discontinuity appears sharper. Overall however, the height of
the modified region appears to be lower than the theory predicts. Figure 4c shows
comparisons with Bradley’s data of the predictions of Mulhearn (1977) for non-
dimensional wind profiles, based on Equations (16) and (17). In Equation (17a),
uo was taken as 1.4u,;, ! was given by In(//z¢;) =12.4 and u’ evaluated from
Equation (16) based on the observed profiles. The comparisons tend to support
the self-preservation assumptions on the downstream profiles, and show good
agreement except for small 7.

The crucial shortcoming of the theories discussed above, including the diffusion
approach of, e.g., Philip (1959), and studies related to temperature changes at the
surface (see later section), e.g., Taylor (1970, 1971), is the use of a mixing-length
and/or eddy-diffusivity assumption. In a sense, this is a failure to represent properly
the relation between stress and velocity gradient in a transition or non-equilibrium
situation, where relations such as u, = kz du/dz are inappropriate (as evidenced
in numerical studies to be discussed shortly). This can be overcome to a great
extent by carrying an equation for 7, or turbulent kinetic energy, and solving the
equations numerically.

4¢c. NEUTRAL FLOW — NUMERICAL

An equation for 7 is incorporated by utilising the turbulent kinetic energy (TKE)
equation and a relation between stress and the TKE (e.g., Blackadar et al., 1967,
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Peterson, 1969; Panchev et al., 1971; Shir, 1972; Petersen and Taylor, 1973; Huang
and Nickerson, 1976), or using the full second-order turbulence equations (e.g..
Rao ef al., 1974a) with suitable parameterization of the third-order terms. In the
former case, the TKE equation, with E being the TKE,

dE/dt = (1/p) duldz — 8/9z(WE) — €, (18)

is used with the assumptions that 7/p=aF and €= (7/p)**/A, A being a length
scale having a value of kz close to the surface. The vertical divergence term is
parameterized by assuming a flux-gradient relation, with diffusivity identical to
that assumed in the stress-velocity gradient relation.

The problem with this TKE approach is the use of stress and dissipation relations
probably valid in constant-stress, equilibrium layers rather than in transitional flow
regimes. The approach of Rao er al. (1974a,b) is to carry the time-dependent
turbulence equations, for variance and covariance quantities (including that for
7), and approximate the third-order terms. For illustration, the results of Rao ef
al. (1974a) are given in Figure 3 for the surface stress variation with fetch for
comparison with Bradley’s data. Generally the stress distribution is better pre-
dicted than by any of the analytical methods. The numerical simulations also
provided vertical profiles of stress and other turbulent statistics, typical of those
available only in detailed wind-tunnel experiments (e.g., Mulhearn, 1978). A
comparison of velocity profiles is shown in Figure 4a, b; quite good agreement is
found although the numerical results differ from the mixing theories by showing
a transitional velocity profile in the blending region with double curvature, similar
to those actually observed. This result is best illustrated by introducing the non-
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Fig. 5. Variation of the non-dimensional wind shear @ with normalised height for several values of
the roughness-change parameter M = In(z01/202) at x = 2 m. Results are from the numerical simulations
of Rao et al. (1974a).
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dimensional gradient ® given by
® = (kzluy) ouloz (19)

whose variation with dimensionless height is shown in Figure 5. Values differing
from unity, and hence from equilibrium values, reveal the effect of transitional
flow upon @ (and other similarity variables) and the non-validity of mixing-length
assumptions based on /= kz (which implies ® = 1).

4d. ROUGHNESS CHANGE — GROWTH OF IBL

The growth relation depends to some extent on how the modified region or IBL
is defined (see Section 3). Observations of turbulent flow from smooth-to-rough,
and rough-to-smooth, surfaces in the atmosphere (e.g., Bradley, 1968) generally
are consistent with the turbulent boundary-layer growth over a smooth plate (e.g.,
Schlichting, 1979), viz., h < x%8. Wind tunnel data of Antonia and Luxton (1971
and 1972) on the other hand (for zero pressure gradient conditions) showed a x*7°
dependence for smooth-to-rough flow and an x°4* dependence for rough-to-
smooth flow. The slower growth in the latter case seemed to be related to the
higher turbulence levels above the IBL, although this slower growth does not
seem to be reflected significantly in atmospheric observations (also, see Jackson,
1976) or in semi-empirical formulations (except see Equation (20) below). Mention
should also be made of the wind-tunnel study of Schofield (1975) for IBL growth
in adverse pressure-gradient conditions. His data (x/zo =~ 10*-10°) for the smooth-
to-rough transition, when combined with those of Antonia and Luxton (x/zo=
10-10%) for both smooth-to-rough and rough-to-smooth transitions, gave h < x
approximately over the broader fetch range.

The data of Antonia and Luxton (1971) are compared with predictions of
analytical theories in Figure 6a, and Bradley’s (1968) data compared with numeri-
cal simulations in Figure 6b. Displacement of the curves usually results from
different definitions of the IBL. Some studies have attempted to include explicitly
the effect of roughness, or roughness change, into the formulation. For example,
both Elliott (1958) and Wood (1982) suggested # « x%-8z3-2, with z, the greater of
Zo1 and zgp, whilst Shir (1972) discussed a more general form for neutral flow

h= fl(Zm/Zoz)xo'8 +f2(z01/202) | 20)

According to Shir’s numerical results, the function f£; is slightly negative in rough-
to-smooth flow, and close to zero for smooth-to-rough flow.

Some authors have utilised a diffusion analogue (or principle of limited diffusion
rate) to evaluate the slope of the IBL, and hence a relation between / and x (e.g.,
Panofsky, 1973; Jensen, 1978; Larsen et al., 1982). This uses the concept of
zones of influence, with analogy between the zone influenced by the downstream
roughness and the spread of a smoke plume from a ground-level source in uniform
roughness (Miyake, 1965; Jackson, 1976; Panofsky and Dutton, 1984). In this, u,
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Fig. 6. (a) Growth of the IBL after a roughness change (smooth-to-rough) based on the wind-tunnel

data of Antonia and Luxton (1971), and comparisons with the theories of Townsend (1965) [T65] and

Elliott (1958) [E58). From Antonia and Luxton (1971). (b) Growth of the IBL based on the model of

Rao et al. (1974a) for comparison with the data of Bradley (1968) — the dashed curve; continuous

curves (joining computed values) are for different values of M (curves A and B have In(zo1/ze2) = 4.8
and —4.8, respectively.

or the vertical velocity variance (o2) is assumed to determine the growth rate,
with

di/dx = o, /u(h) < udu(h) < kfln(h/zo) , 1)
and, after integration,

(Wzo)(In(hizx) — 1) + 1= Axlzoz , (22)
with A=1,
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Analogous relations to Equation (22) were derived by Pasquill (1972) and
Jackson (1976). Pasquill’s approach was to consider the mean vertical displacement
(2) of passive particles diffusing in space at a given time after release from the
ground. Using dz/dt = ku,, together with Lagrangian similarity arguments (after
Batchelor), led to Equation (22), with 4 replaced by Z and A = k2. Good corre-
spondence with Peterson’s (1969) IBL growth relation was found with #=3Z. In
Jackson (1976), an extension of Miyake’s (1965) theory led to a small correction
term (for origin effects) on the left-hand side of Equation (22), with z,, replaced
by z6=0.5(z3; + 23,)°°. The modified relation agreed satisfactorily with both at-
mospheric (Blackadar et al., 1967; Bradley, 1968) and wind-tunnel measurements
(Plate and Hidy, 1965; Antonia and Luxton, 1971, 1972) - see Jackson (1976) for
additional references.

Recently, Walmsley (1989) considered several IBL depth formulae — due to
Elliott (1958), Jackson (1976) and Panofsky and Dutton (1984), and compared
their predictions with atmospheric data. The data taken from Jackson (1976),
Peterson et al. (1979) and an unpublished source were generally confined to fetches
less than about 200 m. Equation (22) was found to give the best predictions, with
A =1.25k after Panofsky and Dutton (1984).

Finally, the similarity analyses of Townsend (1965, 1966) and Blom and Wartena
(1969) lead to Equation (22), with k replaced by a general length scale / (see
Section 4b) and A = 2k2. In general, integral methods based on the neutral surface-
layer approximation imply a relation between s and x of quite similar form to that
expressed in Equation (22).

4e. EFFECTS OF THERMAL STRATIFICATION

The effects of thermal stratification on IBL structure and growth in relation to a
roughness change have often been studied in association with the impact of surface
heat flux and temperature changes. This problem is discussed in Section 5. In the
context of the IBL depth, a few studies do exist which help clarify the effects of
thermal stratification on the IBL growth downstream of a roughness change.
Echols and Wagner (1972) described observations of a shallow IBL formed inland
of a coastal region, with evidence for a deeper layer by day compared to the night.
Rao (1975) extended the numerical work of Rao et al. (1974a) to include thermal
effects; thus with # « x*, n was found to increase from 0.8 in neutral to about 1.4
in strongly unstable conditions, viz., a much more rapid growth when surface
heating was present.

5. Small-scale Flow — Response to Changes in Surface Heat Flux and Temperature

5a. OBSERVATIONS

The micrometeorological data of Rider et al. (1963) and of Dyer and Crawford
(1965) are probably best known in the context of the ‘leading edge’ or local
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advection problem, involving as they do the small-scale variation in flow properties
downwind of a surface change in wetness (dry to wet). The first authors in fact
compared their data with the diffusion-based theory of Philip (1959), but we shall
use some of the data to illustrate the predictions of the temperature profile
evolution in particular, based on analytical theory and numerical simulations.
Other relevant atmospheric data have been described by Taylor (1970) for flow
across the shoreline of one of the Great Lakes in the USA, and by Vugts and
Businger (1977) for flow across a beach - both are related to air modification in
the presence of a step change in surface temperature. In addition to the above,
Antonia et al. (1977) described wind-tunnel data and the response of a turbulent
boundary layer to a step change in heat flux at the surface. All the data allow
some inferences to be drawn regarding the growth of the thermal IBL, with
Antonia et al. (1977) finding support for a 4/5 power law found for the roughness
change in neutral flow.

5b. THEORY

Equations used in the roughness change analysis for neutral flow are augmented
by a 6 equation (compare with Equation (7)),

ud0/ox +wablaz = —(pc,) ' 0Hloz , (23)

with H, the vertical turbulent heat flux, represented by a flux-gradient relation.

The self-preservation or similarity approach of Townsend (1965) and Mulhearn
(1977) discussed in the previous section was extended by these authors to study
the response downstream of surface changes in heat flux and temperature. For
example, the downstream 6 profile (6,(z)) can be expressed as

6(z)=0,(2)+ ¢, (24a)
where ¢ is defined through the similarity hypothesis

0 = (0./k)g(¢) , (24b)
with the nondimensional height {= z/I.. Likewise, the heat flux is written as

H=H,+ (H,— H)G(), (25)

where H, and H, are the surface heat fluxes downstream and upstream of the
discontinuity, respectively. As before, g and G can be related as functions of ¢,
and scales . (length) and 6. (temperature) are evaluated in analogy with the scales
for velocity. Theoretical results were compared with observations of Rider et al.
(1963), Dyer and Crawford (1965) and Blom (1970; for this reference see
Mulhearn, 1977). Examples are given in Figure 7, both for the standard tempera-
ture profile (Figure 5 of Townsend, 1965) and for the normalised temperature
profile demonstrating their self-preservation form (Figure 5 of Mulhearn, 1977;
where { for the 6 profile is analogous to 7 for wind). In the latter, the temperature
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-g({)

Fig. 7. (a) Comparison of predicted (Townsend, 1965) and observed temperature profiles (data of

Rider et al., 1963) downstream of a change in surface evaporation — x values are shown against each

curve and experimental profile. The data are for x=1m (0), x=4m (®) and x=16m (A). From

Townsend (1965). (b) Comparison between the theoretical predictions of Mulhearn (1977) and the

temperature data of Dyer and Crawford (1965), with symbols representing different values of fetch.

Here {=z/l, and g() = k6'/6.; evaluation of ., 8, and ¢’ is described in the text. From Mulhearn
(1977).

scale 6. was taken as Hyi/ku,,, and /. taken from In(//z01) = 9.4. The perturbation
was calculated from the observed 6 profiles in analogy to the velocity u’.

5¢. NUMERICAL

Panchev et al. (1971) described numerical studies by Nadejdina (1966, 1969) who
used the TKE equation with a range of assumptions (similar to the approach of
Peterson, 1969) to solve for 6(z) and h(x). Taylor (1970, 1971), using a mixing
length approach, described numerical simulations of flow modifications due to step
changes in temperature and heat flux at the surface. In Taylor (1970), neutral and
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Fig. 8. (a) Small-scale modification of temperature profiles downstream of a surface temperature
change, based on the numerical results of Taylor (1971); in this case, zp, = 0.1 m. Values of x/zq, are
shown against each curve; curve A has x=0. (b) Comparison of the experimental data of Rider e? al.
(1963) (dashed curves) and the temperature profiles predicted by Taylor (1971) (continuous curves),
for x=0 (O), 4.88 (O) and 19.5m (A), downstream of a roughness and surface evaporation change.
Values of x/zo, are shown against each theoretical curve. (c) Comparison of the experimental data of
Rider ez al. (1963) and the temperature profiles predicted by Rao et al. (1974b), for x=0 (O), 1.15
(@), 463 (A) and 18.5 m (0). From Rao et al. (1974b).

unstable flow downwind of both temperature and heat flux changes were con-
sidered, for neutral upstream flow; the behaviour of vertical profiles of 7, u and
0, and of surface stress and heat flux with increasing x/z, was described. Simula-
tions for flow over a lake were also described. In Taylor (1971), downstream stable
flow was analysed for both neutral and unstable upstream flow, for temperature
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and heat flux steps at the surface. For illustration, Figure 8a shows simulated
temperature profiles for a range of situations relevant to the later discussion on
the coastal thermal IBL; and in Figure 8b, both observed (from Rider et al. 1963)
and predicted temperature profiles illustrate moderate agreement only (compare
with Figure 7a).

In the higher order closure modelling of Rao et al. (1974b), advection from a
dry smooth area to a wet, rougher area was studied and results compared with
observations. In addition, they studied the dependence on the downstream 6 and g
profiles of surface humidity, upstream stability and the magnitude of the roughness
change. Comparisons between the numerical predictions of Rao et al. and the
data of Rider et al. (1963) are shown in Figure 8c. Reasonabie agreement is
achieved, and the importance of thermal stability changes on leading-edge dif-
fusion problems emphasised.

6. Mesoscale Flow and IBL Growth

A number of studies (e.g., Taylor, 1969b; Jensen, 1978; Larsen et al., 1982) related
to smali-scale flow over roughness changes have attempted to extend the surface-
layer approach to the mesoscale. In this, the main problem has been concerned
with IBL growth to the full depth of the downstream planetary boundary layer.
Such approaches have been reasonably successful in estimating the fetch-height
ratio at large fetches based on the relations described earlier for small-scale flow
(Section 4), mainly because of the apparent lack of rotation of the boundary-layer
wind until the equilibrium IBL depth is achieved. However, so far as detailed IBL
structure is concerned, no study has yet critically examined the validity of such an
extension.

Most interest at the mesoscale has focussed on the structure and growth of the
thermal IBL, and has stemmed from the perceived relevance of the IBL to
diffusion and pollution problems in the coastal region. Although the advection of
air across the coastline relates to both surface roughness and temperature changes,
the primary consideration is often the response and growth of an IBL to a marked
step-change in surface temperature. It is recognised that in real-world situations,
roughness changes also are present. Theoretical and numerical work discussed
above can be applied to this new problem, though IBL behaviour at far greater
x (and x/z,) than considered earlier is often under study. In particular, the empha-
sis has been on the growth equation for the IBL depth, and the factors affecting
the height, so that somewhat different approaches to those described earlier have
been used to derive suitable expressions for 4. Most of the work until recently
concerned the convective thermal IBL, although the stable case has received
increased attention in recent years — we delay its discussion until the next main
section.
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6a. THE CONVECTIVE THERMAL IBL — OBSERVATIONS

Apart from the comprehensive observational and numerical study of Durand et
al. (1989) based on atmospheric observations and a third-order turbulence closure
model, and the observational study of Gamo et al. (1982) related to the sea breeze,
most wind-tunnel and field data analyses to be found in the literature are concerned
primarily with IBL growth.

In the wind-tunnel study of Meroney et al. (1975), mixed-layer growth is sup-
ported by a square-root dependence of height on the fetch x. The few observations
discussed by Raynor et al. (1975) for both stable and unstable cases, and the
detailed data set described by Raynor ez al. (1979) for onshore flow from cool sea
to warm land, confirm this power dependence. Additional support is found in data
described by Van der Hoven (1967), Weisman and Hirt (1975) and Kerman et al.
(1982), and in Hsu (1986) who analysed observations of Druilhet et al. (1982),
Smedman and Hogstrom (1983) and Ogawa and Ohara (1985). In all of the above,
fetches tend to range between several km (e.g., in Hsu, 1986) to about 50 km
(e.g., in Raynor et al., 1979 and Durand et al., 1989). In Raynor et al. (1975,
1979) observed heights were found to agree with an empirical model derived from
physical and dimensional reasoning, viz.,

h? = CDY— 1(61 - s)x ’ (26)

where Cp is a low-level drag coefficient over land (in the downstream direction),
v is a lapse rate above the IBL and 6, — 6, is the temperature difference between
the land surface and the sea. The above equation was simplified by Hsu (1986)
who found several sets of data satisfied & = 1.9x'2, with /4 and x in metres.

In contrast to the above, Gamo er al. (1982) studied TIBL structure (for
x <15 km) during sea-breeze events on the eastern coast of Japan and found that
the TIBL top defined from the 6 profiles was well below the level of minimum
turbulent kinetic energy. This suggested that entrainment should be significant for
the growth of the convective IBL. Durand et al. (1989) described detailed aircraft
observations of the mean and turbulence structure of the TIBL for offshore flow
during the COAST experiment. Fetches were limited to x < 45 km. The IBL was
revealed as a fairly well-mixed layer, with large horizontal gradients in 6 and
turbulent kinetic energy for several tens of km inland from the coast. Although
these authors identified the top of the IBL in several of their figures, implying
growth as x'?, the criteria upon which evaluation of the top was made are not
clear. As in the study of Gamo et al., turbulence was still significant above the
strongly stable region defining the TIBL top.

At very large values of x, boundary-layer heights must tend towards some
equilibrium value, a point discussed by Venkatram (1986) in the context of Equ-
ation (26). That is, a square-root dependence must ultimately be invalid at large
enough x if 4 tends to a constant value. This will be discussed later in the section.
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6b. THE CONVECTIVE THERMAL IBL. — MoODELS oF IBL DEVELOPMENT

A slab model approach based on mixed-layer dynamics (e.g., Carson and Smith,
1974) has been used (Venkatram, 1977) to derive a set of governing equations
from which A(x) can be determined. Equations for mixed-layer wind components
and temperature, the continuity equation and an equation for 4 allow for numeri-
cal solution, with appropriate boundary conditions. The h equation required for
closure results from applying the TKE equation at the inversion level and utilising a
suitable entrainment assumption (Tennekes, 1973). Venkatram used this numerical
model to study the impact of several parameters on growth, including Richardson
number (see Figure 9a) and surface roughness (see Figure 9b). For practical
application, Venkatram then went on to derive a simplified model, based on
vertical-averaging steady-state of the 6 equation (Equation (23)), with vertical
advection assumed negligible. This gives,

pCphﬁ 36/ox = Ho—Hh N (27)

where the circumflex denotes a vertical average from the surface to 4, and H is
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Fig. 9. Dependence of convective IBL growth (in terms of a normalised IBL height) on Richardson
number (a) and surface roughness (b); normalised quantities are shown, using predictions from Venka-
tram (1977) — all length scales are normalised by the quantity A8/y. From Venkatram (1977).
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the heat flux at the surface (H,) and at h(H}). With A equal to the temperature
jump across the inversion (at &), and vy equal to the lapse rate above & (that is,

in the upstream flow), Venkatram defined an entrainment relation
A0= Fyh , (28)

with F a fraction, such that the ratio of heat fluxes 8= —H,/H, could be written
in terms of F, as

B=F/I(1-2F). (29)
With the relation between # and § deduced from

y=(8+A28—0)h, (30)
h is given by

h=vyY6-46)(1-F). (31)
Combining Equations (27), (28) and (31), Equation (27) becomes in non-dimen-
sional form,

6, 96,/0X = B(1—6,) , (32)

where 8, = (68— 0,)/(8, — 6,), h, = hy/(8, — 8,), X = x¥/(8; — 6,) and B = a constant
(determined by the value of F and a heat transfer coefficient).
For small X, the solution

6,=1-exp(—(6, + BX)), (33a)
and

h,=0,/(1-F), (33b)
gives h as

h?=2y"1(1-2F)"1Cp(6, — 6,)x . 34)

This is of the same form as Equation (26), illustrating the square root dependence;
it needs to be emphasised that this relation is appropriate to the convective thermal
IBL and not necessarily applicable to the stable case (see later).

Stunder and Sethuraman (1985) reviewed a number of like formulations, not all
with as good a physical basis as the one summarised above. Of seven formulations
considered (Van der Hoven, 1967; Plate, 1971; Peters, 1975; Raynor et al., 1975;
Weisman, 1976; Venkatram, 1977 and Lyons, 1977), all but one (that of Peters)
showed an x'? behaviour. In addition, all but one (that of Van der Hoven) had
a direct dependence on a temperature difference or surface heat flux, i.e., consis-
tent with expectations for convective conditions. Statistical comparisons of the
seven schemes, using two data sets of observed thermal IBL heights and other
relevant information, were made; these gave the formulation of Weisman (1976)
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as best predicting the depth. This method closely follows that of Venkatram;
starting with the 6 equation for steady state, and integrating between the surface
and A, assuming no entrainment heat flux, gave

h? = (2Hlpc,yu)x . 35

Equations (34) and (35) are very similar, particularly if H, is replaced by the
usual bulk transfer relation. Hanna (1987) pointed out the undesirable asymptotic
behaviour of both these equations, viz., that 4 attains unrealistically high values
as y—0, and h—>0 as Hy—0. His suggested empirical linear form, however,
should be seen as a purely engineering relation describing several data sets for
x <15 km only.

Venkatram (1986) discussed other disadvantages of Equations (34) and (35); in
particular, the assumption that H, over land is constant in the downstream di-
rection, and hence the implication that # will not achieve the observed equilibrium
height (%) at large x. He suggested a more realistic model, based on the empirical
relation

h? = h2(1 — exp( — x/bh,)) , (36)

so that i = h, for large x, and h*> = h.x/b for small x. The height &, is given by
usual mixed-layer models, so that Equation (34) is readily recovered.

In summary, Equations (34) to (36) give the convective TIBL depth for onshore
flow consistent with the observed behaviour; 4 increases with greater land rough-
ness and greater temperature difference, and decreases with greater stability above
the IBL, for a given fetch x.

6c. THE CONVECTIVE THERMAL IBL — NUMERICAL SIMULATIONS

Durand et al. (1989) used a 2D version of a third-order turbulence closure model
to study the TIBL structure and growth during daytime, onshore flow. Compari-
sons were made with their detailed aircraft observations summarised in Section
6a above. In contrast with these observations, and also those of Gamo et al.
(1982), the TIBL top defined in terms of the 6 inversion layer was found to
coincide with the level of near-zero heat flux and turbulent kinetic energy, and
with maximum temperature variance. In the range of x studied (x <50 km), both
observations and numerical results showed 4 behaving as A=5x? (h and x in
metres), consistent with Equations (34) and (35) when the appropriate values of
Ho, v, F and wind speed were used (compare this with the results of Hsu (1986)
at smaller x — see Section 6a above). This model behaviour was found with clouds
absent in the simulations; with their inclusion, growth was more rapid, apparently
due to the influence of latent heat release.

6d. THE sTABLE THERMAL IBL — OBSERVATIONS

As discussed in the previous section, much of the interest in the stable case is
related to offshore flow in the coastal region, from warm land to cool sea. Growth
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of the stable thermal IBL has recently been studied by appeal to some historical
data and dimensional analysis (Mulhearn, 1981; Hsu, 1983), by use of numerical
and simple physical models (Garratt, 1987), and by analysis of detailed low-level
aircraft data (Garratt and Ryan, 1989). Growth rates are found to be small, with
fetches of several hundreds of kilometres required to develop an IBL several
hundreds of metres deep. The depth 4 is found to depend upon x'? as in the
convective case, and is therefore not supportive of small-scale studies which suggest
a varying power dependence with thermal stability.

Mulhearn (1981) analysed measurements of 6 and g profiles, and wind speed at
300 m height, made in offshore flow over Massachusetts Bay in the USA (see
references contained therein). For fetches in the range 5 to 100 km, he used
dimensional analysis to collapse the data into the form

h=0.015u(gA8/0) ~ V2 (37)

where u is a wind speed near the IBL top, A@ is the temperature difference
between the sea surface and upstream air and g is the acceleration due to gravity.
In addition, he was able to describe the form of the temperature profiles (for
x=15km and x/z,=200) as (6~ 6,)/A8 = (z/h)"*, a profile shape quite different
from that observed by Garratt and Ryan (1989) - see later.

Hsu (1983) analysed several sets of data (for the sources of these data sets, see
references contained therein) using as a theoretical framework a growth relation
found by combining the results of Venkatram (1977) for the convective IBL and
that of Mulhearn (1981). Garratt (1987) has questioned the use of Venkatram’s
formulation in the stable case (Equation (34)); this equation shows hx AgV2,
whereas the stable IBL should behave as kA6 "2 consistent with energetic
considerations. Hsu’s data analysis, covering a fetch range from 5 to 500 km, gave

h=0.57x"2, (38)

where the numerical factor of 0.57 compares with 1.9 in the convective case
described in Hsu (1986) (but for an x range from 20 m to 8 km only), and with
about 5 found in Durand et al. (1989) for x <50 km.

Some of the most detailed mean flow and turbulent observations of the stable
IBL were described recently by Garratt and Ryan (1989), for offshore flow situ-
ations in southeast Australia. The dependence of the IBL depth on a range of
external parameters, including the temperature difference A6, the geostrophic
wind and the fetch, was discussed in the context of the study of Garratt (1987) —
see next section. The nature of the 6 profiles over the sea within the IBL was
found to be quite different to that found in the stable boundary layer over land.
Over the sea, the @ profiles were found to have large positive curvature with
vertical gradients increasing with height, interpreted as reflecting the dominance
of turbulent cooling within the layer. The behaviour is consistent with known
behaviour in the nocturnal boundary layer over the land, where curvature becomes
negative (vertical gradients decreasing with height) as radiative cooling becomes
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Fig. 10. Temperature profiles observed within 300 km of the coast in a stable IBL with offshore flow
-~ data from Garratt and Ryan (1989). Absolute (a) and normalised (b) temperature profiles are shown;
values of x in km are indicated in (a).

dominant. Thus, Garratt and Ryan (1989) found
(8- 8,)/A6=(z/h)?, (39)

in contrast with the result of Mulhearn (1981) at smaller fetches, with no significant
x/h dependence for the x/h range between 300 and 1800. This suggested an approxi-
mate self-preserving form of the temperature profile at large x, examples of which
are given in Figure 10 in absolute and normalised form (values of x are indi-
cated). At, and just above £, there is a region of marked negative curvature so
that 36/az tends to small values aloft. The comparison with the normalised profiles
of Mulhearn (1981 - see his Figure 4) suggests that at smaller values of x/h (or
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Fig. 11. Normalised turbulence velocity quantities — vertical velocity (a) and friction velocity (b) —
as a function of z/h for x between 50 and 300 km; u o is the surface friction velocity. Curves are from
Caughey et al. (1979) for the stable boundary layer over land; data are from Garratt and Ryan (1989).
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x/z0), profile curvature changes rapidly, and the assumption of a self-preserving
profile form is not valid throughout the TIBL at small fetches.

Garratt and Ryan (1989) also discussed the turbulent structure within the IBL,
in terms of non-dimensional quantitites normalised by the suface friction velocity,
as functions of z/h. Vertical profiles of several such quantities — velocity variances
and stress, together with the normalised wavelength of the spectral maximum,
agreed well with known structure for the stable boundary layer over land (Caughey
etal., 1979). This is illustrated in Figure 11 for the case of vertical velocity variance
and friction velocity.

6e. THE STABLE THERMAL IBL — NUMERICAL

The main study has been that of Garratt (1987) who used a mesoscale numerical
model to investigate the internal structure and growth of the IBL beneath warm,
continental air flowing over a cooler sea. Both steady-state and diurnally-varying
offshore flow were considered. Overall, the mean profiles of wind and temperature
behaved similarly to those found in the stable layer over land; in particular, well
away from the coast, the IBL was found to have a near-critical value of the layer-
flux Richardson number of 0.18. This fact is important in the development of a
physically-based model of IBL growth.

6f. THE sTABLE THERMAL IBL - MoDEL oF IBL GROWTH

Relations (37) and (38) are mainly based on dimensional analysis, but Equation
(37) was given a firm physical basis in the analysis of Garratt (1987) and Garratt
and Ryan (1989; see their appendix). The starting point is Equation (23), inte-
grated between the surface and k, with an assumed linear flux profile and assumed
self-preservation forms for the profiles, viz., w/U= fi(z/h), (60— 6,)/A0= f,(z/h)
and w/w,, = f3(z/h). Here w, is the vertical velocity at 4 and U is a large-scale wind
(or geostrophic) component normal to the coast. Note that, in contrast to the
analysis of Venkatram (1977) for the convective case, vertical advection is included
in this analysis (compare with Equation (23)). Assuming that
86/dx = —(36/0z)(8h/6x), and that the entrainment heat flux (H,) is negligible, it
can be readily shown that,

ohlox = wu/U + (Ao/pc, UAG)H, . (40)

In the above, A is a profile shape factor depending on f; and f,. The heat flux is
now found through use of a critical layer-flux Richardson number (R;) concept.
Again assuming self-similar profile forms, H = Hofy(z/h) and u? = uyfs(z/h), Ho
is given by

Ho = pe,uboGR((8/0)hf(2/h)). (41)

Here G is a geostrophic wind, at an angle B to the offshore wind U (hence U=
G cos B), and f(z/h) is a function of fi, fi and fs. Combining Equations (40) and
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Fig. 12. Numerical results of IBL depth (closed circles) based on the offshore flow simulations
discussed in Garratt (1987), compared with predictions of Equation (42) — for values of x between 100
and 900 km. Open circles represent the observations described in Garratt and Ryan (1989). The solid
and dashed lines represent the best ‘least squares’ linear fit to the model and observational results,

respectively.
(41), and integrating gives
h? = a,UX(gAbI0)"x, (42)
where
ay = 2Af(z/h)RsCplcos® B (43)

with Cp defined by u2, = CpG?2. Figure 12 shows numerical results and obser-
vations which gave a}’?> = 0.014 (numerical) and =0.024, respectively — these values
can be compared with that implied in Equation (37) based on the results of
Mulhearn (1981); see also the discussion in Hsu (1989). The analysis leading to
the result expressed by Equations (42) and (43) suggests that the value of o, will
depend on the angle between the geostrophic wind and the coastline normal, even
if U is replaced by G in Equation (42). To avoid this problem, x would have to
be replaced by the actual distance from the coast alung the geostrophic wind axis;
it is probable that differences between various sets of numerical calculations and
observations are partly related to the existence of a non-zero .

7. Summary

Studies of the IBL are often related to associated problems of local and mesoscale
advection; leading edge effects; boundary-layer growth; and the fetch-height ratio



THE INTERNAL BOUNDARY LAYER — A REVIEW 199

of interest in micrometeorological studies. This review has attempted to summarize
in a logical sequence much of the western literature dealing with the atmospheric
IBL published in the last few decades (with some reference to relevant laboratory
studies).

Major interest has centred on the problem of small-scale neutral flow over a
step change in surface roughness; the observations of Bradley (1968) are still the
most comprehensive set available and are widely used for comparison with theoret-
ical and numerical results. In the related problems of non-neutral flow over step
changes in roughness, surface temperature, or heat and moisture flux, much
emphasis has been placed on comparisons with the micrometeorological obser-
vations of Rider et al. (1963). In both cases, downstream fetches are limited to a
few tens of metres. In the small-scale context, with fetches less than a few km,
height-fetch ratios tend to range between about 1/10 for the IBL top, to about
1/200 for the top of an inner equilibrium layer at which 90% adjustment to local
surface conditions has occurred.

The larger-scale problem of mesoscale advection has been mainly concerned
with flow across a coastline, mainly because of its relevance to problems of
pollution in coastal regions. In the convective case, usually with onshore flow from
a cool sea to warmer land, full boundary-layer development occurs with fetches
of less than 50 km. In the stable case, with offshore flow from warm land to cool
sea, the IBL may be only a few hundreds of metres deep after fetches of 500 km
or more. Physically based formulations for the IBL depth suggest height-fetch
ratios of about 1/10 and 1/2000 for the convective and stable cases. respectively.

At the small scales in the atmosphere, and in the wind tunnel, the neutral IBL
is found to grow as x*> approximately, for a smooth-to-rough transition, with a
slightly slower growth for rough-to-smooth flow. The effects of unstable stratific-
ation give a more rapid growth, with a dependence close to x!* in very unstable
conditions according to numerical results. At the larger scale, growth follows an
x!? dependence for both unstable and stable stratification, with direct, or inverse,
dependence on air-sea temperature difference, large-scale wind and surface rough-
ness.

Much is now known of the nature of the atmospheric IBL at the small scale;
theories, integral methods and numerical approaches all have a contribution to
make, but there has been too much reliance on a rather small data bank for
validation. The latter mainly comprises the observations of Rider et al. (1963),
Dyer and Crawford (1965) and Bradley (1968); there would seem to be a require-
ment for an additional comprehensive observational set, perhaps covering a some-
what larger fetch range to encompass the transition between the small-scale prob-
lem and that at the mesoscale.

In the coastal context, there would appear to be some uncertainty regarding the
shape, and evolution with fetch, of the temperature profile within the stable IBL
in offshore flow, Such a problem would seem to be worthy of further study, either
through observations or the numerical modelling approach. The coastal situation
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in particular also presents a problem that has been relatively unexplored in the
literature — that of the thermal wind and its interaction with the IBL. The use of
mesoscale models with realistic boundary-layer parameterization schemes could
contribute significantly here, particularly regarding the role of sea-breeze-type
circulations.

Finally, a major unsolved problem concerns the boundary-layer response to
multiple step changes in surface properties ~ of roughness, temperature or mois-
ture. A good illustration of this is the nature of patchwork landscapes, and how
such surface heterogeneities should be represented in surface parameterization
schemes in numerical models of the atmosphere.

References

Antonia, R. A. and Luxton, R. E.: 1971, ‘The Response of a Turbulent Boundary Layer to a Step
Change in Surface Roughness Part I. Smooth to Rough’, J. Fluid Mech. 48, 721-761.

Antonia, R. A. and Luxton, R. E.: 1972, ‘The Response of a Turbulent Boundary Layer to a Step
Change in Surface Roughness Part II. Rough-to-Smooth’, J. Fluid Mech. §3, 737-757.

Antonia, R. A. and Wood, D. H.: 1975, ‘Calculation of a Turbulent Boundary Layer Downstream of
a Small Step Change in Surface Roughness’, Aero. Quart. 26, 202-210.

Antonia, R. A., Danh, H. Q., and Prabhu, A.: 1977, ‘Response of a Turbulent Boundary Layer to
a Step Change in Surface Heat Flux’, J. Fluid Mech. 80, 153-177.

Arritt, R. W.: 1987, ‘The Effect of Water Surface Temperature on Lake Breezes and Thermal Internal
Boundary Layers’, Boundary-Layer Meteorol. 40, 101-125.

Beljaars, A. C. M., Walmsley, J. L., and Taylor, P. A.: 1987, ‘Modelling of Turbulence over Low
Hills and Varying Surface Roughness’, Boundary-Layer Meteorol. 41, 203-215.

Bergstrom, H.: 1986, ‘A Simplified Boundary-Layer Wind Model for Practical Application’, J. Clim.
Appl. Meteorol. 25, 813-824.

Bergstrom, H., Johansson, P. E., and Smedman, A. S.: 1988, ‘A Study of Wind Speed Modification
and the Internal Boundary-Layer Heights in the Coastal Region’, Boundary-Layer Meteorol. 42,
313-335.

Blackadar, A. K., Panofsky, H. A., Glass, P. E., and Boogaard, J. F.: 1967, ‘Determination of the
Effect of Roughness Change on the Wind Profile’, Boundary Layers and Turbulence, Physics of
Fluids Suppl., Amer. Inst. Physics, New York, pp. 209-211.

Biom, J. and Wartena, L.: 1969, ‘The Influence of Changes in Surface Roughness on the Development
of the Turbulent Boundary Layer in the Lower Layers of the Atmosphere’, J. Atmos. Sci. 26,
255-265.

Bradley, E. F.: 1968, ‘A Micrometeorological Study of Velocity Profiles and Surface Drag in the
Region Modified by a Change in Surface Roughness’, Quart. J. Roy. Meteorol. Soc. 94, 361-379.
Carson, D. J. and Smith, F. B.: 1974, ‘Thermodynamic Model for the Development of a Convectively

Unstable Boundary Layer’, Advances in Geophys. 18A, Academic Press, New York.

Caughey, S. J., Wyngaard, J. C., and Kaimal, J. C.: 1979, ‘Turbulence in the Evolving Stable Boundary
Layer’, J. Atmos. Sci. 36, 1041-1052.

Doran, J. C. and Gryning, S. E.: 1987, ‘Wind and Temperature Structure over Land-Water-Land
Area’, J. Clim. Appl. Meteorol. 26, 973-979.

Druilhet, A., Herrada, A., Pages, J.-P., and Saissac, J.: 1982, ‘Etude Experimentale de la Couche
Limite Interne Associee a la Brize de Mer’, Boundary-Layer Meteorol. 22, 511-524.

Durand, P., Briere, S., and Druilhet, A.: 1989, ‘A Sea-Land Transition Observed during the COAST
Experiment’, J. Atmos. Sci. 46, 96-116.

Dyer, A. J.: 1963, ‘The Adjustment of Profiles and Eddy Fluxes’, Quart. J. Roy. Meteorol. Soc. 89,
276-280.

Dyer, A. J. and Crawford, T. V.: 1965, ‘Observations of the Modification of the Microclimate at a
Leading Edge’, Quart. J. Roy. Meteorol. Soc. 91, 345-348.



THE INTERNAL BOUNDARY LAYER — A REVIEW 201

Dyer, A. J. and Garratt, J. R.: 1978, ‘The Variation of Eddy Fluxes with Height and Fetch in an
Unstable Atmosphere’, J. Meteorol. Soc. Japan, 56, 19-24.

Echols, W. T. and Wagner, N. K.: 1972, ‘Surface Roughness and Internal Boundary Layer Near a
Coastline’, J. Appl. Meteorol. 11, 658-662.

Elliott, W. P.: 1958, ‘The Growth of the Atmospheric Internal Boundary Layer’, Trans. Amer.
Geophys. Un. 39, 1048-1054.

Gamo, M., Yamamoto, S., and Yokoyama, O.: 1982, ‘Airborne Measurements of the Free Convective
Internal Boundary Layer During the Sea Breeze’, J. Meteorol. Soc. Japan 60, 1284-1298.

Garratt, J. R.: 1987, ‘The Stably Stratified Internal Boundary Layer for Steady and Diurnally Varying
Offshore Flow’, Boundary-Layer Meteorol. 38, 369-394.

Garratt, J. R. and Ryan, B. F.: 1989, ‘The Structure of the Stably Stratified Internal Boundary Layer
in Offshore Flow Over the Sea’, Boundary-Layer Meteorol. 47, 17-40.

Hanna, S. R.: 1987, ‘An Empirical Formula for the Height of the Coastal Internal Boundary Layer’,
Boundary-Layer Meteorol. 40, 205-207.

Hsu, S. A.: 1983, ‘On the Growth of a Thermally Modified Boundary Layer by Advection of Warm
Air over a Cooler Sea’, J. Geophys. Res. 88(Cl), 771-774.

Hsu, S. A.: 1986, ‘A Note on Estimating the Height of the Convective Internal Boundary Layer Near
Shore’, Boundary-Layer Meteorol. 35, 311-316.

Hsu, S. A.: 1989, ‘A Verification of an Analytical Formula for Estimating the Height of the Stable
Internal Boundary Layer’, Boundary-Layer Meteorol. 48, 197-201.

Huang, C. H. and Nickerson, E. C.: 1976, ‘A Turbulent Energy Model of Flow over Nonuniform
Surface with Stable Stratification’, J. Geophys. Res. 81, 2668-2676.

Jackson, N.A.: 1976, ‘The Propagation of Modified Flow Downstream of a Change in Roughness’,
Quart. J. Roy. Meteorol. Soc. 102, 924-933.

Jacobs, W.: 1939, ‘Unformung eines Turbulenten Geschwindigkeitsprofiles’, Z. Angew. Math. Mech.
19, 87 (Translation NACA Tech. Mem. No. 951).

Jensen, N. O.: 1978, ‘Change of Surface Roughness and the Planetary Boundary Layer’, Quart. J.
Roy. Meteorol. Soc. 104, 351-356.

Kerman, B. R., Mickle, R. E., Portelli, R. V., and Trivett, N. B.: 1982, ‘The Nanticoke Shoreline
Diffusion Experiment, June 1978-II-Internal Boundary Layer Structure’, Atmos. Env. 16, 423-437.

Larsen, S. E., Hedegaard, K., and Troen, I.: 1982, ‘The Change of Terrain Roughness Problem
Extended to Mesoscale Fetches’, Ist Inter. Conf. on Meteor. and Air/Sea Interaction of the Coastal
Zone, The Hague, Netherlands. Amer. Meteor. Soc., U.S.A., pp. 8-13.

Logan, E. and Jones, J. B.: 1963, ‘Flow in a Pipe Following an Abrupt Increase in Surface Roughness’,
Trans. ASME, Ser. D, J. Basic. Eng. 85, 35-40.

Lyons, W. A.: 1977, ‘Mesoscale Air Pollution Transport in Southeast Wisconsin’, EPA 600/4-77-010,
U.S. Environmental Protection Agency. (See Stunder and Sethuraman, 1985).

Meroney, R. W., Cermak, J. E., and Yang, B. T.: 1975, ‘Modeling of Atmospheric Transport and
Fumigation at Shoreline Sites’, Boundary-Layer Meteorol. 9, 69-90.

Miyake, M.: 1965, ‘Transformation of the Atmospheric Boundary Layer over Inhomogeneous Sur-
faces’, Sci. Rep. 5R-6, Univ. of Washington, Seattle, U.S.A.

Mulhearn, P. J.: 1976, ‘Turbulent Boundary Layer Wall-Pressure Fluctuations Downstream of an
Abrupt Change in Surface Roughness’, Phys. Fluids 19, 796-801.

Mulhearn, P. J.: 1977, ‘Relations between Surface Fluxes and Mean Profiles of Velocity, Temperature,
and Concentration, Downwind of a Change in Surface Roughness’, Quart. J. Roy. Meteorol. Soc.
103, 785-802.

Mulhearn, P. J.: 1978, ‘A Wind-Tunnel Boundary-Layer Study of the Effects of a Surface Roughness
Change; Rough to Smooth’, Boundary-Layer Meteorol. 15, 3-30.

Mulhearn, P. J.: 1981, ‘On the Formation of a Stably Stratified Internal Boundary Layer by Advection
of Warm Air over a Cooler Sea’, Boundary-Layer Meteorol. 21, 247-254.

Munro, D. S. and Oke, T. R.: 1975, ‘Aerodynamic Boundary-Layer Adjustment Over a Crop in
Neutral Stability’, Boundary-Layer Meteorol. 9, 53-61.

Nadejdina, E. D.: 1966, ‘The Use of the Energy Balance Equation in the Problem for Air Flow
Transformation’, see Panchev er al., 1971.

Nadejdina, E. D.: 1969, ‘On the Changes of the Characteristics of a Turbulent Flow Passing over a
Land-Sea Shore’, see Panchev et al., 1971.



202 J. R. GARRATT

Nemoto, S.: 1972, ‘Some Considerations on the Atmospheric Internal Boundary Layer over the
Ground Surface’, Pap. Meteorol. Geophys. 23, 121-134.

Ogawa, Y. and Ohara, T.: 1985, ‘The Turbulent Structure of the Internal Boundary Layer near the
Shore’, Boundary-Layer Meteorol. 31, 369-384.

Panchev, S., Donev, E., and Godev, N.: 1971, ‘Wind Profile and Vertical Motions Above an Abrupt
Change in Surface Roughness and Temperature’, Boundary-Layer Meteorol. 2, 52-63.

Panofsky, H. A.: 1973, ‘Tower Climatology’, in D. A. Haugen (ed.), Workshop on Micrometeorology,
Amer. Meteorol. Soc., U.S.A., pp. 177-216.

Panofsky, H. A. and Dutton, J. A.: 1984, Atmospheric Turbulence: Models and Methods for Engineer-
ing Applications, John Wiley & Sons, New York, 397 pp.

Panofsky, H. A. and Petersen, E. L.:1972, ‘Wind Profiles and Change of Terrain Roughness at Riso’,
Quart. J. Roy. Meteorol. Soc. 98, 845-854.

Panofsky, H. A. and Townsend, A. A.: 1964, ‘Change of Terrain Roughness and the Wind Profile’,
Quart. J. Roy. Meteorol. Soc. 90, 147-155.

Pasquill, F.: 1972, ‘Some Aspects of Boundary-layer Description’, Quart. J. Roy. Meteorol. Soc. 98,
468-494.

Peters, L. K.: 1975, ‘On the Criteria for the Occurrence of Fumigation Inland from a Large Lake’,
Atmos. Env. 9, 809-816.

Petersen, E. L. and Taylor, P. A.: 1973, ‘Some Comparisons Between Observed Wind Profiles at Riso
and Theoretical Predictions for Flow over Inhomogeneous Terrain’, Quart. J. Roy. Meteorol. Soc.
99, 329-336.

Peterson, E. W.: 1969, ‘Modification of Mean Flow and Turbulent Energy by a Change in Surface
Roughness under Conditions of Neutral Stability’, Quart. J. Roy. Meteorol. Soc. 95, 561-575.

Peterson, E. W.: 1972, ‘Relative Importance of Terms in the Turbulent Energy and Momentum
Equations as Applied to the Problem of a Surface Roughness Change’, J. Atmos. Sci. 29, 1470-1476.

Peterson, E. W., Jensen, N. O., and Hojstrup, J.: 1979, ‘Observations of Downwind Development of
Wind Speed and Variance Profiles at Bognaes and Comparison with Theory’, Quart. J. Roy.
Meteorol. Soc. 105, 521-529.

Philip, J. R.: 1959, ‘The Theory of Local Advection’, J. Meteorol. 16, 535-547.

Physick, W. L., Abbs, D. I., and Pielke, R. A.: 1989, ‘Formulation of the Thermal Internal Boundary
Layer in a Mesoscale Model, Boundary-Layer Meteorol. 49, 99-111.

Plate, E. J.: 1971, ‘Aerodynamic Characteristics of Atmospheric Boundary Layers’, U.S. Atomic
Energy Commission, TID-25465, 190 pp.

Plate, E. J. and Hidy, G. M.: 1967, ‘Laboratory Study of Air Flowing over a Smooth Surface onto
Small Water Waves’, J. Geophys. Res. 72, 4627-4641.

Rao, K. S.: 1975, ‘Effect of Thermal Stratification on the Growth of the Internal Boundary Layer’,
Boundary-Layer Meteorol. 8, 227-234.

Rao, K. S., Wyngaard, J. C., and Coté, O. R.: 1974a, ‘The Structure of Two-Dimensional Internal
Boundary Layer over a Sudden Change of Surface Roughness’, J. Atmos. Sci. 31, 738-746.

Rao, K. S., Wyngaard, J. C., and Coté, O. R.: 1974b, ‘Local Advection of Momentum, Heat, and
Moisture in Micrometeorology’, Boundary-Layer Meteorol. 7, 331-348.

Raynor, G. S., Michael, P., Brown, R. M., and Sethuraman, S.: 1975, Studies of Atmospheric
Diffusion from a Nearshore Oceanic Site’, J. Appl. Meteorol. 14, 1080-1094.

Raynor, G. S., Sethuraman, S., and Brown, R. M.: 1979, ‘Formation and Characteristics of Coastal
Internal Boundary Layers During Onshore Flows’, Boundary-Layer Meteorol. 16, 487-514.

Rider, N. E., Philip, J. R., and Bradley, E. F.: 1963, ‘The Horizontal Transport of Heat and Moisture
- A Micrometeorological Study’, Quart. J. Roy. Meteorol. Soc. 89, 507-531.

Schlichting, H.: 1979, Boundary-Layer Theory, McGraw-Hill, New York and London, Seventh Edition,
Trans. by J. Kestin, 817 pp.

Schofield, W. H.: 1975, ‘Measurements in Adverse-Pressure-Gradient Turbulent Boundary Layers
with a Step Change in Surface Roughness’, J. Fluid Mech. 70, 573-593.

Shir, C. C.: 1972, ‘A Numerical Computation of Air Flow over a Sudden Change of Surface Rough-
ness’, J. Atmos. Sci. 29, 304-310.

Smedman, A. S. and Hogstrom, U.: 1983, ‘Turbulent Characteristics of a Shallow Convective Internal
Boundary Layer’, Boundary-Layer Meteorol. 25, 271-287.



THE INTERNAL BOUNDARY LAYER — A REVIEW 203

Stearns, C. R.: 1964, ‘Report on Wind Profile Modification Experiments Using Fields of Christmas
Trees on the Ice of Lake Mendota’, Annual Report, Dept. of Meteorol., Univ. of Wisconsin, 59-97.

Stearns, C. R. and Lettau, H. H.: 1963, ‘Report on Two Wind Profile Modification Experiments in
Air Flow over the Ice of Lake Mendota. Annual Report, Dept. of Meteorol., Univ. of Wisconsin,
pp. 115-138.

Stunder, M. and Sethuraman, S.: 1985, ‘A Comparative Evaluation of the Coastal Internal Boundary-
Layer Height Equations’, Boundary-Layer Meteorol. 32, 177-204.

Sutton, O. G.: 1934, ‘Wind Structure and Evaporation in a Turbulent Atmosphere’, Proc. Roy. Soc.
(London), Ser. A, 146, 701-722.

Sutton, O. G.: 1953, Micrometeorology, McGraw-Hill, New York, 333 pp.

Taylor, P. A.: 1969a, ‘On Wind and Shear Stress Profiles Above a Change in Surface Roughness’,
Quart. J. Roy. Meteorol. Soc. 95, 77-91.

Taylor, P. A.: 1969b, ‘The Planctary Boundary Layer above a Change in Surface Roughness’, J.
Atmos. Sci. 26, 432-440.

Taylor, P. A.: 1970, ‘A Model of Airflow Above Changes in Surface Heat Flux, Temperature and
Roughness for Neutral and Unstable Conditions’, Boundary-Layer Meteorol. 1, 18-39.

Taylor, P. A.: 1971, ‘Airflow Above Changes in Surface Heat Flux, Temperature and Roughness: An
Extension to Include the Stable Case’, Boundary-Layer Meteorol. 1, 474-497,

Taylor, R. J.: 1962, ‘Small-Scale Advection and the Neutral Wind Profile’, J. Fluid Mech. 13, 529-539.

Tennekes, H.: 1973, ‘A Model for the Dynamics of the Inversion Above a Convective Boundary
Layer’, J. Atmos. Sci. 30, 558-567.

Townsend, A. A.: 1965, ‘The Response of a Turbulent Boundary Layer to Abrupt Changes in Surface
Conditions’, J. Fluid Mech. 22, 799-822.

Townsend, A. A.: 1966, ‘The Flow in a Turbulent Boundary Layer after a Change in Surface Rough-
ness’, J. Fluid Mech. 26, 255-266.

Van der Hoven, I.: 1967, ‘Atmospheric Transport and Diffusion at Coastal Sites’, Nuc. Safety 8,
490-499.

Venkatram, A.: 1977, ‘A Model of Internal Boundary-Layer Development’, Boundary-Layer Meteorol.
11, 419-437.

Venkatram, A.: 1986, ‘An Examination of Methods to Estimate the Height of the Coastal Internal
Boundary Layer’, Boundary-Layer Meteorol. 36, 149-156.

Vugts, H. F. and Businger, J. A.: 1977, ‘Air Modification Due to a Step Change in Surface Tempera-
ture’, Boundary-Layer Meteorol. 11, 295-305.

Walmsley, J. L.: 1989, ‘Internal Boundary-Layer Height Formulae - A Comparison with Atmospheric
Data’, Boundary-Layer Meteorol. 47, 251-262.

Weisman, B.: 1976, ‘On the Criteria for the Occurrence of Fumigation Inland from a Large Lake -
A Reply’, Aimos. Env. 12, 172-173.

Weisman, B. and Hirt, M. S.: 1975, ‘Dispersion Governed by the Thermal Internal Boundary Layer’,
see Venkatram, 1977.

Wood, D. H.: 1982, ‘Internal Boundary Layer Growth following a Step Changeé in Surface Roughness’,
Boundary-Layer Meteorol. 22, 241-244.,



